Let S be a real or complex pre-Hilbert space and H its completion. In the Hilbert space model for quantum mechanics, the events of a quantum system can be identified with projections on a Hilbert space or, equivalently, a collection of closed subspaces of a Hilbert space. Two classes of closed subspaces of S that can naturally replace the lattice of projections in a Hilbert space are those of orthogonally closed subspaces E(S), and splitting subspaces F (S). It is known that E(S) ⊆ F (S) and that equality between these two classes holds if and only if S is complete.
